Introduction
Let G be a semisimple algebraic group over an algebraically closed field k of characteristic zero. Let B be the variety of Borel subgroups. Consider the the
projective embedding U -+ B ( H O ( U , L p ) * ) ,
where Lp is the line bundle associated to the Steinberg weight p, which is the half sum of positive roots. In this paper we show than any positive dimensional projective space contained in the image of U is necessarily of dimension one.
Furthermore we determine exactly these lines. Indeed we show that if P c B is such a line, then there exists a minimal parabolic subgroup P C G such that t is the set of Borel subgroups which are contained in P. In particular this implies that the possible homology classes of such lines correspond under the usual identification of the root lattice with H 2 ( U , Z) to the set of simple roots.
The result is obtained as an application of some properties of the intersection of Schubert cycles in the cohomology ring of U. As far as A' is concerned, one can give another description. Namely, given a character X E X * ( T ) , we can extend, using t,he natural homomorphism B -+ T, X to a character of B, and thus consider the corresponding one dimensional B module Remark that, using the above considerations, we deduce that, if we identify ~d i m 5 -I (B) with the root lattice & by associating to a simple root cr, the class [c.;], we get that for z E A 1 ( B ) and y E AdimB-'(B), (z, y) = (2,y).
Before we proceed, we need the following simple fact: with non negative integer coefficients.
Proof. We can also clearly assume that X is of pure dimension d. The only thing we need to prove is that, when we express [XI as a linear combination of Schubert classes, the coefficients are non negative.
Indeed by a result of Kleiman (see [HI p. 268) , since B is a homogeneous space, we can find an element g E G such that for every Schubert cell C,, of dimension complementary to that of X, X n c, is contained in C, and consists of a finite number of simple points. This clearly implies that, if we set n, = IX n ? ? , I , then 
